Abstract-In this paper, a non-Newtonian filtration equation with nonlinear boundary condition and a localized source is considered. The existence and blow-up properties of solutions are given under some conditions.
INTRODUCTION
In this paper, we consider the positive solutions to the following non-Newtonian filtration equation k x y is a nonnegative continuous function for ( , ) xy , while 0 () ux is a positive continuous function.
There have been many literature which consider properties of solutions to partial differential equations with nonlinear boundary conditions. However, there are some important phenomena formulated into parabolic equations which are coupled with nonlinear boundary conditions in mathematical modelling such as thermoelasticity theory (see [1] - [4] . In this case, the solution ( , ) u x t describes entropy per volume of material.
Recently, A. Gladkow, K. Ik Kim in [2] studied the following semilinear heat equation problem with nonlinear boundary condition and local reaction term
the same assumptions in Problem (1). Non-Newtonian filtration equations and the equations of its type with source or local boundary conditions have been extensively studied (see [5, 6] ). However, to our best knowledge, there seem to be few articles on non-Newtonian filtration equations with both nonlocal boundary conditions and localized sources. The main purpose of this paper is establish the global existence and finite time blowup of the solutions.
II. COMPARISON PRINCIPLE
In this section, we give the comparison principle for Problem (1) .
. We begin with the definition of subsolution and supersolution to Problem (1).
A supersolution is defined in similar way with each inequality reversed. 
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The technique for proving the comparison principle is quite standard. Readers may refer to [4] and we omit it here.
To obtain the blow-up rate estimates, we need the following positivity lemma, whose proof is much the same as that in [5] .
Lemma 2.2 Suppose that
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xy and is not identically zero. 
III. GLOBAL EXISTENCE AND BLOW-UP
). Combining (4) with (5), we know that if we take In according to prove the blow-up result, we consider a subsolution to Problem (1) in the self-similar form 
